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Abstract
- N

Background: Acceptance sampling is a statfistical tool of quality control. Sampling plans and
operating characteristic (OC) curves are very useful for conducting acceptance sampling and
provide the quality manager with tools to evaluate the quality of a production run or shipment.
There are developed different sampling plans, but common used in practise are single and double
acceptance sampling plans. Objectives: The goal of the paper is to test if applying of single and
double sampling plan can lead to statistically significant different conclusion about quality level of
observed lot. Methods/Approach: Statistical tests of difference in proportions are used to test if there
is some stafistically significant difference in probabilities of lot fraction defectives between a single
and a double sampling plan at the same levels of probability of acceptance. Results: The results of
the analysis show that in some cases there is statistically significant difference. Namely, the quality
manager should be careful when he chooses to use, instead of the first, the second sampling plan with
different parameters because on that way he could make statistically significant different conclusion
about quality level of observed lot. Conclusions: The paper shows that some intentional manipulations
by using different sampling plans are possible.
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Infroduction

An acceptance sampling is one of three maijor statistical areas which are used for quality control and
improvement. An acceptance sampling is a form of testing which involves taking random samples of lofs
and measuring them against predetermined standards. Depending on kind of production, a lot or a batch
can contain one or, in majority cases, more than one raw material, component or final product.

The lot can be inspected immediately following production or before the product is shipped to the
customer. From other side, the lots can be inspected as they are received from the supplier. In the first
case it is conducted outgoing inspection and in the second case incoming inspection (Montgomery et al.,
2011).

If a supplier’s process provides no defective units and no economic justification to make an inspection
exists, the lot is accepted without inspection. But when defective units might result in a considerably high
failure costs for the buyers, or when it is known that a supplier's processes do not meet a certain level
of quality standards, than is a 100% inspection recommended (Montgomery, 2009). An acceptance
sampling is between those two approaches to the lot inspection and is used only when the samples of lofs
are inspected. On this way, an acceptance sampling can, in the same time, save resources and ensure
that the output of a process confirms to requirements. An acceptance sampling is most useful to conduct
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when product testing is destructive, very expensive, very time consuming or when product liability risks are
significant (Starbird, 1994).

Because of sampling, it could happen that the lot which has a satisfactory predetermined level of
quality will be rejected and that the lot which does not have a satisfactory predetermined level of quality
will be accepted. The first situation is known as supplier’s risk or a, and the second situation is known as
buyer’s risk or B (Wadsworth et al., 2002).

There are a number of different ways to classify acceptance sampling plans. One of major classification
is by variables and aftributes (Montgomery et al., 2011). Variables are quality characteristics which are
measured on a numerical scale, and attributes are quality characteristics which are expressed as binary
result (e.g. a good-bad lot, go-no go). Acceptance sampling plans for attributes are easier to conduct
than acceptance sampling plans for variables. Because of that, acceptance sampling plans for attributes
are more common in practice and in this paper focus is on this type of acceptance sampling plans. There
are different kinds of acceptance sampling plans for atftributes: single, double, multiple, sequential and
skip lot sampling plans (NIST/SEMATECH, 2003). Single and double acceptance sampling plans are most
used in practice because they are simple to use, and so the main focus of this paper is on these kinds of
acceptance sampling plans.

The aim of this paper is to investigate how usage of different acceptance sampling plans could lead to
different conclusions and decisions about accepting or rejecting a lot. Both single and double sampling
plans in different cases are considered and compared. Parameters for the sampling plans are changed
to simulate possible results and conclusions of inspections. The sampling plans are compared at the same
level of probability of acceptance. Inference is based on a statistical test for the difference in proportions.
When the test shows that the difference is statistically significant, the producer’s quality manager could
lower quality costs easily by choosing one of the observed sampling plans. The producer’s quality manager
may choose fo use the sampling plan which shows statistically smaller lot fraction of defective units. On
that way, the customer could be misleading about the lot. The paper is emphasizing the probability of this
fraud and investigates circumstances under which is this possible fo do.

Chosen sampling plans

Because of wide and often usage, in the paper are considered single and double sampling plans for
afttributes only.

Single sampling plan

The simplest types of sampling plans are those which involve a single sample. Such sampling plan is single
sampling plan for attributes. This plan is determined with two parameters. The first parameter is the number
of random chosen units from the observed lot or n, and the second is the number of defective units which
can be tolerated or c. If the lot inspection finds more defective units in the lot than is allowed, the ot will
be rejected. If the lot is rejected, there are some possible actions which can the customer undertake. The
most rigorous action would be sending the lot back to the producer. But in most cases, next step action
is inspecting all units in the lot and replacing defective units with good units. On the other hand, if the lot
inspection finds x defective units in the lot, where the x is equal or smaller than c, the lot will be accepted.
The way of making this decision is shown in Figure 1.

Figure 1
Decision Making in a Single Sampling Plan

[ From the lot is taking a sample of n units ]

The inspection has found x
defective units

‘ Accept the lot ‘ ‘ Reject the lot ‘

Source: Author’s illustration

28



Business Systems Research Vol. 3 No.2. / September 2012

An operating characteristic (OC) curve is a graphical display of a sampling plan. It describes how well a
sampling plan discriminates between good and bad lots (Dumici¢, et al., 2006). Under good lots are meant
lots which have satisfactory determined level of quality or lots in which the number of defective units is
not greater than the maximum allowed number of defective units. Bad lots are such lots which should be
rejected because they do not have expected level of quality. Each sampling plan has a unique OC curve.
In Figure 2 is shown the general shape of the OC curve for a single sampling plan. The shape of the OC
curve for a single sampling plan is determined with parameters n and c.

Figure 2
The Operating Characteristic (OC) Curve of a Single Sampling Plan
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The OC curve shows the probability that a lot, submitted with a certain fraction defective, will be either
accepted, or rejected (Montgomery et al., 2011). On the x-axis are shown proportions (or probabilities) of
defective units which are made in a certain process. These proportions are denoted as p and represent the
lot fraction of defective units. On the y-axis are shown probabilities of acceptance of a certain lot. These
probabilities are denoted as Pa. In acceptance sampling units for an inspection are chosen randomly
and without replacing from a finite population (a finite lot). So the proper way to compute probability
of acceptance would be to use the hypergeometric distribution. But if the lot size is large relative to the
sample size, the binomial distribution may be used. This approximation is quite satisfactory if the lot size is
more than ten times the sample size (Wadsworth et al., 2002). In other words, if the lot size N is large enough
to be declared as infinite, the distribution of the number of defectives x in a random sample of n units will
be binomial with parameters n and p. In this case, the probability of observing exactly x defectives is:

! -X
P{xdefectives}z f(x)=mpx(l_l’)n (1)

where nis the sample size or the number of chosen units for inspection, x is the number of founded defective
units in the lof, p is lot fraction defective or assumed process probability to make a defective unit. From
that, the probability of acceptance or probability that x is less than or equal to c is:
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where n is the sample size or the number of chosen units for inspection, x is the number of founded
defective units in the lot, c is maximum allowed number of defective units, p is lot fraction defective or
assumed process probability to make a defective unit.

The OC curve contains three specific points which are shown in Figure 2. These points are the acceptable
quality level (AQL), the lot tolerance percent defective (LTPD) and the neutral quality level (Pn). The AQL
represents the poorest or minimum level of quality of supplier’'s process that the buyer would consider to
be acceptable as a process average (Montgomery et al., 2011). The AQL is base for making a decision
of accepting or rejecting the observed lot. Because of sampling, there always exists some probability of
rejecting alot. Evenif the supplier’s process ensures a smaller lot fraction defective than specified with AQL,
this probability will exist. This probability is known as supplier’s risk or a risk. There is always the probability that
the buyer will accept a lot of poor quality, foo. This probability is known as buyer’s risk or B risk. From the
other side, the LTPD is the minimum quality level that the buyer is wiling to accept. Between the AQL and
LTPD points there is an area of indifference. So, there in the point Pn is the neutral quality level. In this point
the probability of acceptance and rejecting a lot is equal and it has value of 0.50.

Double sampling plan

In confrast to a single sampling plan, a double sampling plan implies possibility of taking two independent
samples of units from the lot. The second sample is formed only when it is necessary. In Figure 3 is shown the
way of decision making in a double sampling plan.

Figure 3
Decision Making in a Double Sampling Plan

From the lot is taking a sample of n1 units

The inspection has found X1
defective units

‘ From the lot is taking another sample of n2 units ‘

A, A,

L Accept the lot Reject the lot

Source: Author’s illustration
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Like in a single sampling plan, first are faken some units from observed lot for inspection. On that way in
a double sampling plan is formed the first sample of n1 units. Because of possibility that one more sample
will be formed, the number of units in this sample is usually smaller than the number of units in the sample in
asingle sampling plan. If the sample size in a single sampling plan is equal to n, it can be written n > n, . This
difference in sample sizes is a big advantage for a double sampling plan. Because of smaller initial sample
size, a double sampling plan needs less resources to conduct it than a single sampling plan. It has to be
emphasized that this advantage comes to expression only if is needed to chose just one sample to make
a decision. In a double sampling plan there are set two limits of maximum allowed number of defective
units. The first limit is denoted as c1 and is known as the acceptance level for the first sample. The second
limit is denoted as c2 and is known as the acceptance level for both samples. The first limit is always smaller
than the second. Usually is the second limit double bigger than the first one. If the number of defective
units which have been found in the first sample is smaller or equal to the first limit, the lot will be accepted.
But if the number of defective units which have been found in the first sample is greater than the second
limit, the lot will be rejected. In Figure 4 are shown OC curves for these situations. The curve A shows the
probability of acceptance on the first sample and is calculated as

C

A I nl-’ X n,—X
Bl =P =Py <cf= ) ———pi{-p)"
x,=0 .xl./(l’ll — X )/ (3)
The curve B describes the probability of not rejecting the lot on the first sample and is calculated as
PPl o)=Y — M pn
Pa :PXISCZ = —pll—p 1
x,=0 X1 /(}’ll —X] )/ (4)

The difference between the two curves is the probability of taking a second sample.

Figure 4
The Operating Characteristic (OC) Curve of a Double Sampling Plan
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If the number of defective units found in the first sample is bigger than the first limit simple but not bigger
than the second limit, a decision cannot be made. In this case, the second sample of n2 units from the lot
has to be formed. Usually the second sample size is equal to the first sample size or is twice as the first. The
number of founded defective units in the second sample, which is denoted as x2, is added to the number
of founded defective units in the first sample and then is compared to the second limit. If the overall number
of defective units in both samples together is found to be equal to or smaller than the second limit, then
the lot will be accepted. But if the overall number of defective units in both samples together is found to
be bigger than the second limit, then the lot will be rejected. The OC curve which represents this situation
is shown in Figure 4 and is denoted as curve C. The curve C is the final curve and describes the probability
of acceptance for the double sampling plan. It can be calculated as sum probabilities of acceptance on
the first and second samples or as

)
Pa=PaI+PaI =P{x1Scl}+ ZP{X]Zi}P{xZ SCz—i} (5)

i=c, +1

The probability of acceptance on the first sample (Pal ) includes probability for x; < ¢; and the probability
of acceptance on the second sample (PaI ) includes probability of different ways in which the second
sample can be obtained (Dumigi¢, Zmuk, 2011).

Data, methods and analysis

Data and methods

Because of examining different possible situation in a practice, in this paper it will be used different sample
sizes and maximum allowed numbers of defective units in a lot. On this way it will be possible to compare
probabilities of acceptance and rejection of alot between a single and a double sampling plan. Precisely,
it will be tested if there is some statistically significant difference in probabilities of lot fraction defectives
between these two sampling plans at the same levels of probability of acceptance. If there will be found a
statistically significant difference, it would be interesting fo identify conditions under which that happened.
The existing of a statistically significant difference in probabilities of lot fraction defectives implies existing
of statistically significant possibility of making different conclusion about a lot using a simple or a double
sampling plan.

The OC curves will be used to identify probabilities of lot fraction defectives. Necessary calculations for
construction the OC curves willbe made in Excel 2007. Probabilities of lot fraction defectives will be observed
at three values of probability of acceptance. These values of probability of acceptance are 0.10, 0.50 and
0.95. The first value represents the B risk, the second equal probability of accepting and rejecting a loft,
and the third value represents the a risk of 5%. A conclusion about existence of any significant difference
between the compared lot fraction defectives in a single versus a double sampling plan at these selected
probabilities of acceptance is reached using the test for differences in the two proportions.

Itis assumed that the observed lot contains a large number of a certain product. On this way it is ensured
that the selected samples size will contain relatively small number of units so the binomial distribution can
be used. Next assumption is that the quality manager considers using a single or a double sampling plan
for conducting inspection of the lof. In a single sampling plan parameter n is going to be set at 100, 200
and 300 units. The second parameter in a single sampling plan or ¢ is going to be set at 0, 2, 4, 6, 8 and
10. A double sampling plan is defined with four parameters. As values of the first sample size n1 it is going
to be taken values 50, 100 and 150. The same sample sizes are going to have the second sample ny,
too. The acceptance level for the first sample or ¢ is going to be set at 0, 2, 4, 6, 8 and 10. Because the
acceptance level for the second sample has to be greater than the acceptance level for the first sample,
the values of c2 are set af values 2, 4, 8, 12, 16 and 20.

In the first step is going to be calculated necessary data for constructing OC curves for each selected
sample size. For a double sampling plan it will be construct A and B curves, too. In the second step values
of probabilities of lot fraction defectives for selected values of probability of acceptance are taken. In final
analysis the probabilities of lot fraction defectives are compared between a single and double sampling
plan for each different sample size combination using the test for differences in the two proportions.

32



Business Systems Research Vol. 3 No.2. / September 2012

Analysis

The OC curves of the single and the double sampling plans for different sample sizes at selected levels of
maximum allowed number of defective units are shown in Figure 5. It can be noticed that the greater the
maximum allowed number of defective units is the further the OC curves are from the y-axis. So, for the
same value of lot fraction defective, with rising the maximum allowed number of defective units, rises the
probability of acceptance, too. But if the maximum allowed number of defective units is kept on the same
value and the sample size are rising, the OC curves are closer to the y-axis or the smaller values of defective
units at the same probabilities of acceptance are allowed. In Figure 5 next to the OC curves tables with
calculated lot fraction defectives p for given the maximum allowed number of defective units or c and the
probabilities of acceptance Pg are shown. The data in the tables confirm conclusions which have made
with comparing the OC curves.

Figure 5
The OC Curves of a Single Sampling Plan for the Selected Sample Sizes
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Next to a single sampling plan which has been observed through the three cases of a single sampling
plan which differin a sample size each with six different levels of the maximum allowed number of defective
units, a double sampling plan was observed on similar way, too. There are examined five cases of a double
sampling plan. In the first case the sample sizes are equal and the samples contain 50 units for inspection.
The second case assumes that the second sample is twice bigger than the first. So, in this case sample sizes
are n;=50 and np=100. In the third case the size of the first sample is doubled and sample sizes are n;=100
and np=100. In the forth case sample sizes are n;=100 and np=150, and in the fifth case they are n;=150
and n2=150. In each case are used the same values of maximum allowed number of defective units. Like in
a single sampling plan here are used with six different levels of the maximum allowed number of defective
unifs, too. The values of the maximum allowed number of defective units which are used in a double
sampling plan are respectively: =0, co=2; c;=2, cp=4; c;=4, c»=8; C1=6, c»=12; c|=8, cp=16; c;=10,
c9=20. On basis mentioned values of parameters, elements of curves A, B and C are calculated. But of
interest fo compare with an OC curve in a single sampling plan here is only curve C which is known as OC
curve of a double sampling plan. Curves A and B are known as auxiliary curves and they are calculated
on the same way as the OC curve in a single sampling plan so there is no interest of comparing them. In
Figure 6 are shown OC curves of a double sampling plan for each observed case and next to them are
tables with calculated lot fraction defectives p for given the maximum allowed number of defective units
c1 and cp and the probabilities of acceptance Pg.

After the lot fraction defectives had been calculated for simple and double sampling plan at chosen
probabilities of acceptance and for chosen values of the maximum allowed number of defective
units, tests for differences between two proportions were conducted. The tests which were conducted
compared lot fraction defectives between single and double sampling plan for each combination of the
maximum allowed number of defective units at the chosen sample sizes. For purposes of testing the first
proportion was taken from a single sampling plan, and the second from a double sampling plan. In fact,
proportions are the lot fraction defectives taken from both sampling plans at the same levels of probabilities
of acceptance. The null hypothesis states that the lot fraction defective is equal in a single and a double
sampling plan at the same of probabilities of acceptance. The alternative hypothesis assumes that there
is a statistically significant difference between the lot fraction defectives for the same level of probabilities
of acceptance between both sampling plans.

In Tables 1, 2 and 3 results of the tests conducted at level of probabilities of acceptance of 0.95, 0.50
and 0.10 are shown. As the value of the a level in the tests is used 0.05. According to that the table limit
z value for non-rejecting the null hypothesis is 1.96. In the tables values which are equal or smaller than
1.96 are written in bold. So, the bolded values are showing under which conditions the null hypothesis
can not be rejected. In other words, the bolded values are pointing fo the situations under which can be
concluded that there is no statistically significant difference between simple and double sampling plan in
lot fraction defectives for given the maximum allowed number of defective units, and the probabilities of
acceptance.
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Figure 6

The OC Curves of a Double Sampling Plan for the Selected Sample Sizes
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Table 1
Absolute Empirical z Test Values for Test for Differences in the Two Proportions, Pa=0.95
Double Single sampling plan, n=100 Single sampling plan, n=200 Single sampling plan, n=300
sampling
plan 0 2 4 6 8 10 0 2 4 6 8 10 0 2 4 6 8 10
n;=50; n,=50
0:2 085 | 003 | 067 | 1,22 | 1,67 | 207 | 1,24 | 049 | 0,11 | 0,55 | 0,91 | 1,21 | 1,53 | 0,79 | 0,21 | 0,20 | 0,53 | 0,79
2:4 149 | 08 | 0,177 | 042 | 0,93 | 1,37 | 213 | 1,55 | 0,93 | 0,42 | 0,01 | 0,37 | 262 | 203 | 1,42 | 0,92 | 0,51 | 0,17
4:8 230 | 1,84 | 1,25 | 0,69 | 0,17 | 0,30 | 326 | 283 | 229 | 1,79 | 1,33 | 0,93 | 3,99 | 3,55 | 3,01 | 251 | 207 | 1,68
6:12 2,65 | 224 | 1,70 | 1,16 | 0,65 | 0,19 | 3,74 | 336 | 286 | 238 | 1,93 | 1,63 | 4,58 | 4,19 | 3,69 | 320 | 276 | 237
8:16 353 | 321 | 276 | 228 | 1,82 | 1,38 | 496 | 4,65 | 424 | 3,81 | 3,40 | 301 | 604 | 574 | 532 | 489 | 448 | 4,09
1020 4,06 | 3,77 | 336 | 292 | 249 | 207 | 567 | 541 | 503 | 464 | 425 | 387 | 691 | 6,63 | 626 | 586 | 547 | 510
n,;=50; n,=100
0:2 071 | 018 | 143 | 1,62 | 215 | 262 | 1,04 | 028 | 037 | 087 | 1,28 | 1,63 | 1,30 | 0,56 | 004 | 049 | 0,85 | 1,16
2:4 1,37 { 073 | 1,11 | 067 | 1,25 | 1,77 | 1,95 | 1,40 | 0,77 | 0,22 | 0,25 | 0,66 | 240 | 1,86 | 1,26 | 0,75 | 0,31 | 0,07
4:8 210 | 164 | 084 | 043 | 0,13 | 065 | 298 | 258 | 205 | 1,55 | 1,08 | 0,65 | 3,64 | 325 | 275 | 226 | 1,82 | 1,42
6:12 2,63 | 225|072 | 1,18 | 0,66 | 0,15 | 3,72 | 338 | 293 | 247 | 202 | 1,61 | 454 | 422 | 3,78 | 333 | 291 | 2,52
8:16 325 | 293 | 061 | 199 | 1,51 | 1,04 | 456 | 428 | 3,89 | 348 | 3,08 | 2,68 | 556 | 529 | 492 | 452 | 413 | 3,76
10;20 375 | 347 | 055 | 2,62 | 217 | 1,73 | 525 | 500 | 465 | 428 | 390 | 3,53 | 639 | 6,15 | 581 | 545 | 509 | 474
n,;=100; n,=100

0:2 056 | 043 | 1,31 | 202 | 261 | 3,14 | 0,85 | 003 | 0,67 | 1,20 | 1,65 | 203 | 1,06 | 0,30 | 0,33 | 0,81 | 1,19 | 1,52
2:4 103 | 028 | 05 | 1,30 | 1,93 | 250 | 148 | 086 | 0,17 | 0,41 | 091 | 1,34 | 1,83 | 1,24 | 0,60 | 0,07 | 0,38 | 0,76
4:8 1,60 | 1,05 | 0,34 | 0,34 | 0,97 | 1,55 | 228 | 1,82 | 1,23 | 0,68 | 0,17 | 0,29 | 2,79 | 236 | 1,81 | 1,30 | 0,83 | 0,41
6:12 184 | 1,35 | 0,70 | 005 | 0,57 | 1,14 | 261 | 220 | 1,66 | 1,13 | 0,63 | 0,18 | 3,20 | 281 | 231 | 1,81 | 1,35 | 0,94
8:16 2,45 | 206 | 1,52 | 0,95 | 0,39 | 0,14 | 346 | 3,13 | 268 | 222 | 1,77 | 1,33 | 423 | 392 | 3,50 | 3,06 | 2,64 | 224
1020 280 | 246 | 1,97 | 1,44 | 092 | 041 | 395 | 3,66 | 325 | 282 | 240 | 1,98 | 482 | 455 | 4,17 | 3,76 | 3,37 | 2,98

n,;=100; n,=150
0:2 050 | 0,56 | 1,562 | 230 | 296 | 354 | 0,77 | 0,09 | 083 | 1,42 | 1,90 | 233 | 0,96 | 0,18 | 0,49 | 0,99 | 1.41 | 1,77
2:4 097 | 020 | 0,69 | 1,49 | 219 | 281 | 1,41 | 0,78 | 007 | 0,55 | 109 | 1,56 | 1,74 | 1,15 | 0,51 | 0,05 | 0,53 | 0,94
4:8 1,51 | 094 | 021 | 052 | 1,19 | 1,82 | 2,15 | 1,69 | 1,10 | 0,52 | 0,01 | 0,50 | 2,64 | 221 | 1,67 | 1,14 | 0,66 | 0,23
6:12 1,83 | 1,34 | 069 | 002 | 062 | 1,23 | 259 | 220 | 1,67 | 1,14 | 0,63 | 0,15 | 3,18 | 2,81 | 233 | 1,84 | 1,37 | 0,95
8;16 231 | 1,91 | 1,35 | 0,76 | 0,18 | 0,39 | 326 | 294 | 249 | 202 | 1,55 | 1,10 | 399 | 3,69 | 3.27 | 284 | 2,42 | 2,01
1020 2,64 | 229 | 1,78 | 1,24 | 0,70 | 0,16 | 3,73 | 3,44 | 303 | 260 | 216 | 1,74 | 4,56 | 429 | 391 | 3,51 | 3,12 | 273

n,;=150; n,=150
0:2 043 | 0,72 | 1,75 | 2,59 | 330 | 392 | 0,67 | 0,23 | 1,03 | 1,65 | 2,17 | 262 | 0,85 | 0,03 | 0,66 | 1,20 | 1,64 | 2,04
2:4 082 | 004 | 101 | 1,87 | 262 | 329 | 1,20 | 0,51 | 025 | 0,91 | 1,47 | 197 | 1,48 | 0,86 | 0,17 | 0,41 | 0,90 | 1,37
4.8 1,29 | 066 | 0,15 | 0,94 | 1,67 | 235 | 1,85 | 1,34 | 0,70 | 0,08 | 0,48 | 1,00 | 227 | 1,81 | 1,23 | 0,67 | 0,17 | 0,29
6:12 1,48 | 092 | 0,17 | 0,58 | 1,29 | 1,95 | 2,12 | 1,67 | 1,07 | 0,49 | 006 | 0,57 | 260 | 2,19 | 1,65 | 1,12 | 0,63 | 0,18
8;16 197 | 1,53 | 0,91 | 0,26 | 0,38 | 1,00 | 280 | 245 | 1,96 | 1,44 | 094 | 046 | 3,43 | 3,11 | 2,66 | 220 | 1,75 | 1,40
10; 20 226 |18 | 130 | 070 | 0,10 | 049 | 320 | 288 | 244 | 1,96 | 1,50 | 1,04 | 3,91 | 3,63 | 322 | 279 | 237 | 2,08

Note: Numbers in bold formatting indicate that there is no statistically significant difference between simple and double sampling
plan in lot fraction defectives for given the maximum allowed number of defective units, and the probabilities of acceptance.

Source: Author’s calculation
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Table 2
Absolute Empirical z Test Values for Test for Differences in the Two Proportions, Pa=0.50
Double Single sampling plan, n=100 Single sampling plan, n=200 Single sampling plan, n=300
sampling
plan 0 2 4 6 8 10 0 2 4 6 8 10 0 2 4 6 8 10
n,=50; n,=50
0:2 115 | 0,07 | 0,68 | 1,27 | 1,77 | 220 | 1,88 | 0,91 | 026 | 0,23 | 0,64 | 0,98 | 24] 1,44 | 081 | 0,35 | 0,03 | 0,35
2;4 203 | 109 | 035 | 026 | 0,79 | 1,25 | 305 | 219 | 1,53 | 1,00 | 0,55 | 0,16 | 3,80 | 294 | 229 | 1,77 | 1,34 | 0,97
4:8 292|213 | 145 | 086 | 0,33 | 0,15 | 425 | 3,51 | 290 | 237 | 1,91 | 1,50 | 524 | 450 | 389 | 337 | 292 | 2,52
6:12 352 | 281 | 2,17 | 1,61 1,09 | 062 | 506 | 439 | 3,82 | 3.31 286 | 2,45 | 621 | 554 | 496 | 4,46 | 401 | 3,61
8:16 4,24 | 3,60 | 3,02 | 249 | 1,99 | 1,63 | 601 | 542 | 490 | 442 | 398 | 3,58 | 7,35 | 676 | 622 | 575 | 531 | 4,92
1020 4,80 | 421 | 3,66 | 3,15 | 2,68 | 223 | 675 | 621 | 571 526 | 483 | 4,44 | 822 | 7,67 | 7,18 | 672 | 630 | 592

n,;=50; n,=100
0:2 090 | 027 | 207 | 1,80 | 237 | 288 | 1,58 | 0,57 | 0,12 | 0,67 | 1,12 | 1,52 | 205 | 1,09 | 044 | 0,06 | 0,47 | 0,82
2:4 197 1 1,03 | 1,64 | 042 | 102 | 1,55 | 298 | 2,17 | 1,50 | 0,94 | 045 | 002 | 3,72 | 293 | 230 | 1,77 | 1,31 | 0,91
4:;8 284 | 207 | 1,37 | 0,75 | 0,18 | 0,34 | 414 | 3,47 | 288 | 235 | 1,88 | 1,44 | 511 | 446 | 389 | 339 | 294 | 2,53
6:12 3.54 | 286 | 1,21 1,66 | 1,12 | 0,62 | 508 | 449 | 3,96 | 347 | 302 | 260 | 623 | 567 | 515 | 4,68 | 425 | 3,86
8:16 416 | 3,55 | 1,10 | 2,44 | 1,93 | 1,45 | 590 | 538 | 489 | 4,43 | 4,01 3.61 722 | 671 623 | 580 | 539 | 501
10;20 4,72 | 416 | 1,02 | 3,12 | 2,64 | 218 | 665 | 6,17 | 572 | 529 | 489 | 450 | 810 | 7,64 | 720 | 6,79 | 6,40 | 6,04

n,=100; n,=100
0:2 0,55 | 0,76 | 1,69 | 244 | 307 | 363 | 1,15 | 007 | 0,67 | 1,26 | 1,74 | 216 | 1,55 | 0,55 | 0,12 | 0,64 | 1,07 | 1,44
24 124 | 0,11 | 0,78 | 1,54 | 219 | 278 | 202 | 1,09 | 035 | 0,25 | 0,77 | 1,22 | 258 | 1,70 | 1,03 | 0,48 | 0,01 | 0,40
4:8 1,90 | 095 | 0,14 | 058 | 1,22 | 1,81 | 289 | 210 | 1,43 | 085 | 0,33 | 0,14 | 3,62 | 287 | 225 | 1,71 | 1,23 | 0,81
6:12 234|148 | 073 | 004 | 058 | 1,16 | 347 | 276 | 2,13 | 1,67 | 1,07 | 0,61 | 431 | 3,64 | 305 | 253 | 207 | 1,65
8:16 284 | 209 | 1,39 | 0,75 | 0,16 | 0,40 | 4,15 | 352 | 294 | 242 | 1,94 | 1,49 | 512 | 453 | 3,99 | 3,50 | 3,05 | 2,64
10:20 323 | 253 | 1,88 | 1,27 | 0,70 | 0,16 | 467 | 408 | 3,55 | 3,05 | 258 | 215 | 574 | 519 | 469 | 422 | 3,79 | 3.39

n,=100; n,=150
0:2 042 | 098 | 1,99 | 281 | 350 | 412 | 1,00 | 012 | 092 | 1,54 | 207 | 253 | 1,39 | 0,36 | 0,35 | 0,90 | 1,36 | 1,76
2:4 1,20 | 0,04 | 090 | 1,71 | 242 | 306 | 1,97 | 1,03 | 0,28 | 0,36 | 0,91 | 1,40 | 252 | 1,66 | 0,97 | 0,40 | 0,10 | 0,54
4:8 1,84 | 0,88 | 004 | 072 | 1,40 | 203 | 282 | 203 | 1,35 | 0,75 | 021 | 0,28 | 3,53 | 281 | 218 | 1,63 | 1,14 | 0,70
6:12 232 | 1,48 | 0,71 | 0,00 | 0,65 | 1,25 | 346 | 277 | 215 | 1,58 | 1,07 | 0,59 | 430 | 3,66 | 309 | 257 | 210 | 1,67
8:16 276 | 200 | 1,30 | 0,64 | 0,02 | 056 | 405 | 343 | 286 | 233 | 1,84 | 1,38 | 500 | 443 | 390 | 342 | 297 | 2.56
10;20 | 314 | 244 | 1,78 | 1,16 | 0,57 | 0,02 | 456 | 399 | 3.46 | 2,96 | 249 | 2,05 | 561 | 509 | 460 | 414 | 371 | 331

n,=150; n,=150
0:2 024 | 1,28 | 237 | 324 | 399 | 465 | 0,79 | 041 | 1,25 | 1,91 | 247 | 296 | 1,15 | 0,07 | 0,67 | 1,25 | 1,73 | 2,19
2:4 085 | 044 | 148 | 235 | 3,11 | 3,79 | 1,54 | 0,51 | 0,30 | 0,98 | 1,56 | 208 | 202 | 1,08 | 0,35 | 025 | 0,76 | 1,25
4.8 143 | 034 | 0,60 | 1,43 | 217 | 285 | 227 | 1,40 | 0,66 | 0,01 | 0,56 | 1,08 | 288 | 209 | 1,42 | 084 | 0,33 | 0,14
6:12 1,79 | 0,82 | 005 | 084 | 1,56 | 222 | 275 | 1,97 | 1,28 | 0,67 | 0,11 | 041 | 345 | 274 | 212 | 1,56 | 1,06 | 0,64
8:16 221 | 1,35 | 055|018 | 0,86 | 1,560 | 331 | 262 | 1,99 | 1,41 | 0,88 | 0,38 | 4,12 | 3,49 | 292 | 240 | 1,92 | 1,56
10:20 253 | 1,73 1 099 | 029 | 0,36 | 0,98 | 373 | 3,10 | 250 | 1,96 | 1,45 | 0,97 | 4,63 | 405 | 3,51 | 3,02 | 2,56 | 225

Note: Numbers in bold formatting indicate that there is no statistically significant difference between simple and double sampling
plan in lot fraction defectives for given the maximum allowed number of defective units, and the probabilities of acceptance.

Source: Author’s calculation
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Table 3
Absolute Empirical z Test Values for Test for Differences in the Two Proportions, Pa=0.10
Double Single sampling plan, n=100 Single sampling plan, n=200 Single sampling plan, n=300
sampling
plan 0 2 4 6 8 10 0 2 4 6 8 10 0 2 4 6 8 10
n,=50; n,=50
0:2 039 | 0,15 | 0,60 | 1,20 | 1,71 2,16 | 2,31 1,33 | 068 | 0,18 | 0,24 | 0,61 | 306 | 209 | 1,46 | 098 | 0,58 | 0,24
2:4 1,59 | 1,36 | 0,63 | 003 | 0,50 | 0,97 | 3,76 | 285 | 220 | 1,67 | 1,22 | 0,82 | 476 | 386 | 321 | 270 | 2,26 | 1,88
4.8 2,60 | 239 | 1,69 | 1,10 | 0,58 | 0,11 | 497 | 414 | 3,52 | 300 | 2,54 | 2,14 | 620 | 537 | 475 | 423 | 3,79 | 3.39
6:12 337 | 3,17 | 2,51 1,94 | 1,43 | 0,96 | 590 | 514 | 455 | 404 | 359 | 3,18 | 730 | 6,53 | 594 | 544 | 499 | 4,60
8:16 408 | 389 | 327 | 272 | 222 | 1,76 | 6,76 | 605 | 548 | 500 | 4,56 | 4,16 | 831 759 | 703 | 654 | 611 | 572
10; 20 4,69 | 452 | 3,92 | 339 | 290 | 2,45 | 7,51 683 | 629 | 582 | 540 | 500 | 9,18 | 850 | 7,96 | 7,49 | 7,07 | 6.68

n,;=50; n,=100
0:2 0,09 | 017 | 256 | 1,69 | 227 | 279 | 206 | 1,06 | 0,36 | 0,19 | 0,67 | 1,08 | 278 | 1,82 | 1,17 | 0,65 | 0,22 | 0,16
2:4 1,66 | 1,42 | 209 | 0,00 | 0,58 | 1,11 | 3,86 | 3,00 | 235 | 1,80 | 1,32 | 0,88 | 490 | 407 | 345 | 293 | 247 | 2,07
4:8 2,69 | 248 | 1,84 | 1,15 | 0,59 | 0,08 | 508 | 432 | 3,72 | 320 | 273 | 230 | 633 | 560 | 502 | 452 | 408 | 3,68
612 3,50 | 331 1,69 | 207 | 1,53 | 1,03 | 605 | 536 | 480 | 431 386 | 3,45 | 7,48 | 681 627 | 580 | 538 | 4,99
816 420 | 402 | 1,58 | 285 | 233 | 1,85 | 690 | 626 | 574 | 527 | 484 | 4,44 | 847 | 785 | 7,35 | 690 | 6,49 | 6,12
10; 20 484 | 4,67 | 1,50 | 3,55 | 305 | 2,58 | 7,67 | 707 | 657 | 613 | 571 533 | 936 | 879 | 831 788 | 749 | 712

n,=100; n,=100
0:2 073 | 102 | 1,94 | 269 | 333 | 389 | 1,24 | 0,15 | 0,59 | 1,18 | 168 | 2,12 | 1,84 | 0,83 | 0,16 | 0,37 | 0,82 | 1,20
2:4 030 | 002 | 086 | 1,60 | 225 | 283 | 235 | 1,36 | 0,64 | 004 | 048 | 0,94 | 3,13 | 220 | 1,54 | 0,99 | 0,52 | 0,10
4:8 1,11 | 086 | 003 | 0,69 | 1,32 | 1,90 | 326 | 236 | 1,68 | 1,10 | 0,59 | 0,12 | 420 | 335 | 272 | 218 | 1,71 | 1,29
6:12 1,72 | 1,48 | 0,69 | 001 | 0,61 | 1,18 | 3,95 | 3,12 | 247 | 1,91 | 1,41 | 0,96 | 501 | 423 | 3,62 | 3,10 | 2,64 | 222
8:16 226 | 204 | 1,29 | 0,63 | 0,03 | 052 | 458 | 381 | 3,19 | 265 | 217 | 1,72 | 575 | 502 | 445 | 3,95 | 3,50 | 3,08
10;20 271 | 250 | 1,79 | 1,16 | 0,58 | 0,03 | 512 | 439 | 3,81 | 329 | 281 | 238 | 638 | 570 | 515 | 4,67 | 423 | 3,83

n,=100; n,=150
0:2 094 | 1,26 | 226 | 307 | 3,77 | 439 | 1,08 | 0,05 | 084 | 1,47 | 201 | 249 | 1,68 | 0,64 | 006 | 0,63 | 1,10 | 1,52
2:4 029 | 000 | 092 | 1,71 | 240 | 303 | 238 | 1,39 | 0,64 | 002 | 0,53 | 1,02 | 3,17 | 226 | 1,58 | 1,01 | 0,52 | 0,08
4:8 1,11 | 0,86 | 0,00 | 0,74 | 1,41 | 202 | 328 | 240 | 1,71 | 1,11 | 0,58 | 0,09 | 423 | 3,41 | 278 | 224 | 1,76 | 1,32
6:12 174 | 1,51 | 0,71 | 0,00 | 0,64 | 1,24 | 399 | 3,19 | 254 | 1,97 | 1,46 | 0,99 | 506 | 432 | 372 | 321 | 274 | 23]
8:16 227 | 205 | 1,29 | 0,62 | 0,00 | 058 | 460 | 385 | 324 | 270 | 221 | 1,75 | 578 | 509 | 453 | 403 | 3,58 | 3,17
1020 273 | 252 | 1,80 | 1,16 | 0,56 | 000 | 514 | 444 | 386 | 334 | 287 | 242 | 641 | 577 | 524 | 476 | 433 | 3,93

n,=150; n,=150
0;2 141 | 1,75 | 282 | 369 | 443 | 510 | 0,68 | 0,53 | 1,36 | 203 | 260 | 3,10 | 1,24 | 0,15 | 0,59 | 1,17 | 1,67 | 2,15
2;:4 043 | 0,75 | 1,77 | 262 | 337 | 404 | 1,66 | 0,57 | 0,24 | 0,90 | 1,48 | 200 | 235 | 1,36 | 0,64 | 0,04 | 0,47 | 0,96
4:8 032 | 003 | 0,92 | 1,74 | 247 | 313 | 244 | 1,46 | 0,70 | 0,06 | 0,52 | 1,03 | 3,25 | 236 | 1,67 | 1,10 | 0,59 | 0,13
6:12 087 | 060 | 030 | 1,08 | 1,79 | 2,44 | 302 | 2,12 | 1,40 | 0,78 | 0,23 | 0,28 | 3,93 | 3,11 | 2,46 | 1,90 | 1,41 | 1,00

8:16 134 | 1,09 | 024 | 051 | 1,19 | 1,82 | 355 | 271 | 203 | 1,44 | 0,90 | 0,40 | 455 | 3,78 | 3,17 | 263 | 2,15 | 1,80

1020 1,74 | 1,50 | 0,69 | 003 | 0,69 | 1,31 | 400 | 321 | 256 | 1,99 | 1,47 | 0,98 | 507 | 435 | 3,77 | 3,25 | 279 | 2,48

Note: Numbers in bold formatting indicate that there is no statistically significant difference between simple and double sampling
plan in lot fraction defectives for given the maximum allowed number of defective units, and the probabilities of acceptance.

Source: Author’s calculation
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The tests have shown that if the sample size in a single sampling plan is greater than the sample sizes in a
double sampling plan, in vast cases can be concluded that there is statistically significant difference in lot
fraction defectives between these two sampling plans. This can be easily seen in cases when the sample
size in a single sampling plan is Nn=300 and the sample sizes in a double sampling plan are n1=n2=50. With
the decreasing the sample sizes in a single sampling plan, the number of cases of non-rejecting the null
hypothesis is increasing. In the same time, with the decreasing the sample sizes in a single sampling plan,
the space of non-rejecting the null hypothesis is moved diagonally from top right corner to down left corner.
That shows that the null hypothesis are not rejected for smaller the maximum allowed number of defective
units in a single sampling and for bigger the maximum allowed number of defective units in a double
sampling plan. If the maximum allowed numbers of defective units are observed, it can be concluded that
in most cases when the maximum allowed numbers of defective units or c in a single sampling plan is equal
to the acceptance level for the first sample or c1 in a double sampling plan, the null hypothesis cannot be
rejected. These conclusions are valid for all observed probabilities of acceptance.

Discussion and Conclusion

Using different sample sizes and maximum allowed numbers of defective units in a lot and a test for the
difference in proportions, this paper indirectly analyses the probability of acceptance of lots when using a
single or a double acceptance sampling plan. Directly paper analyses if there under defined conditions
exist statistically significant difference between probabilities of lotf fraction defectives between these two
sampling plans at the same levels of probability of acceptance. If there is statistically significant difference
in the probabilities of lot fraction, it can be concluded that these is statistically significant difference in the
probabilities of acceptance also. That would mean that there is space for possible frauds on quality level
of lots by insisting on use specified sampling plan rather than other sampling plan under some different
parameters.

The conducted tests have shown that there is possibility of fraud using a single or a double sampling
plan. This comes to the expression especially when the sample size in a single sampling planis much greater
than the sample sizes in a double sampling plan. Because of that to prevent possible frauds, the quality
manager should keep on mind not fo selected too small initial sample size in a double sampling plan.
Next conclusion is that when the maximum allowed numbers of defective units in a single and in a double
sampling plan are kept in the same proportion to the sample sizes, in most cases there was showed no
statistically significant difference in lot fraction defectives between these two sampling plans.

The main limitation of this study is considering only six different levels of the maximum allowed number
of defective units. There are far more different levels and combinations of that in practice. Because of that
the results could be different as there appear in the analysis.

In further studies, we suggest using inverted approach to the problem. That would mean that the lot
fraction defectives would be fixed at some levels and the difference of probabilities of acceptance in a
single and in a double sampling plan would be tested. This analysis should confirm here given results and
conclusions.
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